If two monic Blaschke products of order n agree at n points of the open unit disc D, then they must be identical. 
,4(0) = B(0) but A * B. Indeed, A m kB for any constant k.
Lemma. Let A(z) and B(z) be as in the statement of the Theorem. ThenA(X) = B (X) for some X with \X\ = 1. Now w/w = exp2/argw, so we will be done if we can prove that, for some determination of the argument, for some z with |z| = 1, and for some integer m, " z -a, (3) arg H T"T = wm-
But this is easy. Let By the Gauss mean-value property of harmonic functions (after the change of variables z -* 1/z, perhaps), we see that Im H(X) = 0 for some X on |A| = 1. But it is easy to see that the harmonic function Im H(z) is a branch of arg F(z). Since any two continuous branches of arg F(z) differ by a constant integer multiple of 2m, the lemma is proved. Remark. The assertion (3) has an appealing geometric interpretation, so it seems likely that there is a purely geometric proof of it. Place any finite number of directed line segments L = a-¿>-in the unit disc D, j = l,...,n.
There is no restriction on their number, their length, or their placement. Let <p = <p(6) be the (directed) angle the union of these segments subtends from the point e'e on the unit circle. For general n, we let w-run through the «th roots of 1 and Oj run through the nth roots of -1, and then let a¡ = aw-and bj = bwj, and define A(z) and 5(z) as earlier.
Then A(wj) = B(wj) for each j -1,2,...,«, and A(v/) = B(vj) for each 7 =
